n=-oo / According to Steckin [4] , the operator F on lp is bounded for every fixed p > 1, that is, (4) and (5) imply that y exists and is in lp and that (6) ||y||, ^ Const. ||*||,.
Furthermore, the norm \\f\\p of F (that is, the least Const, satisfying (6)) is subject to an inequality of the type The object of this note is to prove analogues of these statements when/ is an arbitrary function of bounded variation (which need not be absolutely continuous or even continuous).
(*) Letf(<p) be a function of bounded variation on -ir^cp^ir normalized by (2). Then Needless to say, (11) does not hold unless the normalization (2) holds. Of course, / can always be normalized by changing its definition on an at most denumerable set of (^-values. This change does not affect the operator F=F(f).
It is clear that the closure of the range of / is the set of X-values such that (13) meas {d> | X -p. < f(4>) < X + p.} > 0 for every p. > 0.
In view of this fact, (*) is an analogue of a theorem of Toeplitz dealing with functions/(<£) of class L2 and with p = 2; cf., e.g., [3, pp. 171-175 ].
The proof of the main part of (*), that the closure of the range of/ is contained in a(f), will be much simpler than the arguments in [l; 2]. It will not depend on topological properties of the space of functions/ or on the algebra of the set of operators F(f). This is quite simple and the proof is the same as in the Toeplitz case.
Suppose that XEr(f), it will be shown that X££o-(/). In view of (8), it can be supposed that X = 0. The assumption 0£fc>(/) means that |/| -const.>0. Hence 1// is of bounded variation. But the relation (9) shows that F-1^) exists and satisfies (10). This proves (14). In order to complete the proof of (*), it must be shown that This shows that F~*(f) does not exist (as a bounded operator) and, hence, 0£er(/). This completes the proof of (*).
3. Toeplitz's results in the case p = 2 suggest the question as to whether or not 
